Errata to “A brief introduction to Berezin-Toeplitz
operators on compact Kéahler manifolds”

Yohann Le Floch*
November 9, 2022

We list below a number of errors contained in our book “A brief introduction to
Berezin-Toeplitz operators on compact Kahler manifolds”. We warmly thank Bruce
Bartlett for pointing out these errors. If you find more errors in the book, please
send them to the email address below so that they can be added in this list.

e Lemma 2.3.2 (p. 10) is missing an hypothesis. Its statement should read

Lemma 0.1. A k-form « belongs to Q¥°(M) if and only if for every vector
field X € C®(M,T*'M), ixa = 0. More generally, a k-form « belongs to
QOPA(M) with p4q = k if and only if for any ¢+ 1 vector fields Xy, ..., X411 €
C¥(M, T M), ix, ...ix,.,o = 0 and for any p+1 vector fields Y1, ..., Y,1 €
COO(M, Tl’OM), iyl ce iyp+1a = 0.

Moreover, the remark after this statement should be changed accordingly. For
the sake of completeness, we give a proof of the case ¢ > 0 that was left as an
exercise.

Proof of the case ¢ > 0. Let Xi,...,X, € C*(M,T%'M). Since for any X €
C®(M,T*'M), ix (in . .ixqﬁ) = 0, by the ¢ = 0 case, iy, ...ix,[ belongs
to QF=20(M). Write

6 _ ﬁ(k,O) + B(kfl,l) 4.+ B(O,k)
with gk—mm) ¢ Qk=mm(\[). Since

k k
Z-X1 cee inﬁ = Z in .. leqﬁ(kim’m) = Z Z'Xl o Z’Xqﬁ(kfm,m)
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egkfm,qu(M)
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we obtain by uniqueness of the decomposition that for every m € {¢+1,...,k},
ix, .- 1x, plk=mm) — 0. We claim that this implies that for every such m,
Bk=mm) — () (one can for instance decompose this form in a basis of (7*M)"°
as in the proof of the case ¢ = 0). A similar argument shows that for every
m € {0,...,¢ — 1} and any Yi,...,Y, € C®(M,T'"°M) (with p = k — q),
iy . iy, B7™m) = 0, which in turns yields g~ = (. Therefore 3 = 39
belongs to QP9(M). O

Because of the previous error, the proof of Lemma 2.5.2 is incomplete. Here
is how to fill this small gap: if Z, W € C>®°(M,T"°M), then

w(Z,W)=w(Z,W)=0
by the rest of the proof, since Z, W belong to C>°(M,T%'M).
In the proof of Proposition 4.2.1 (p. 40), the equation
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should read

0’H 1/ O0°H b 0’H _ 0°H N 0’H
—_ = 1 —1 .
0200%y, 4 \ 0x,0x,, 010 m Y0, OYpOYm

Consequently, the equation
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becomes

- : 9 2
aﬁH(ﬁu,j@xm):Z( 0*’H 0*’H >
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and the final result

(i0OH )y (X, jimg X) = =2 (Hess g (mo) (X, X) + Hess g (mo) (fim X, jmo X))
is changed to

(OO g (X, g X) = 3 (Hossig(mo) (X, X) + sy (o) (g X, G X))

This does not affect the proof since the discussion on the signs is still valid.



